
ABSTRACTS OF THESES 

P . J . L o r i m e r , A Study of T ? - G r o u p s , Me G i l l U n i v e r s i t y 
( S u p e r v i s o r : H. W. E . Schwerd t f ege r ) . 

In the p a s t few y e a r s , the l i t e r a t u r e ha s con ta ined a n u m b e r of 
g r o u p - t h e o r e t i c c h a r a c t e r i s a t i o n s of the g ro u p s P L F ( 2 , F ) , of Moeb ius 
t r a n s f o r m a t i o n s over a finite field F . The concep t of a T 2 - g r o u p , 
defined by P r o f e s s o r H . W . E . S c h w e r d t f e g e r , g ives a c h a r a c t e r i s a t i o n 
which is s i m p l e r than those p r e v i o u s l y given. 

A group G i s ca l l ed a T 2 - g r o u p if . i t con ta ins a su b g ro u p H and 

- 1 2 - 1 - 1 
(i) a i H, bab i H, and a 4 1 ~> 1 unique h « H ) h a h = bab . 

- 1 2 
(ii) a £ H, bab { H, and a = 1 *=> 3 exac t ly two e l e m e n t s 

- 1 - 1 - 1 
h , h € H 3 h ah = h a h = bab . 

1 2 1 1 2 2 
A T 2 - g r o u p G i s ca l l ed an S 2 - g r o u p if G - H con ta ins an 

involut ion, i. e. condi t ion (ii) i s not empty . 

The following a r e S->-groups: 

<x 
(1) G = (0, 1) w h e r e (0, 1) i s the g roup wi th two e l e m e n t s , and 

a i s any c a r d i n a l n u m b e r . H i s any s u b g r o u p of G which i s i s o m o r ­
phic to (0, 1). 

(2) H i s any Abe l i an g roup wi th exac t ly one involut ion and G i s 
obta ined f r o m H by adjoining an e l e m e n t t wh ich obeys the l a w s , 
t 2 = 1 ; thf" i = h" i for a l l h € H. 

(3) G = P L F ( 2 , F ) , w h e r e F i s a field of c h a r a c t e r i s t i c ^ 2 , and 
az+b 

H i s the subg roup of a l l s i m i l a r i t i e s z -*•—-—. 

The following t h e o r e m s a r e p roved : 

T H E O R E M 1. If G i s an S 2 - g r o u p , and e i t h e r 
(i) The subgroup H i s n o r m a l in G, o r 

(ii) The c e n t r e of G i s n o n - t r i v i a l , 
then G and H a r e the g r o u p and subg roup of e i t h e r (1) o r (2). 

T H E O R E M 2. If G i s a finite S 2 - g r o u p and e i t h e r 
(i) The subgroup H i s not n o r m a l in G, o r 

(ii) The c e n t r e of G i s t r i v i a l , 
then G and H a r e the g r o u p and su b g ro u p of (3). 

Thus a l l f inite S 2 - g r o u p s a r e known; they a r e given by (1), (2), 
o r (3), and T h e o r e m 2 g ives a c h a r a c t e r i s a t i o n of the g r o u p s P L F ( 2 , F ) , 
when F i s finite and the c h a r a c t e r i s t i c of F i s not equa l to 2. 
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